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The symmetric genus spectrum of finite groups
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Abstract

The symmetric genus of the finite group G, denoted by ¢(G), is
the smallest non-negative integer g such that the group G acts
faithfully on a closed orientable surface of genus g (not
necessarily preserving orientation). This paper investigates the
question of whether for every non-negative integer g, there
exists some G with symmetric genus g. It is shown that that the
spectrum (range of values) of o includes every non-negative
integer g = 8 or 14 mod 18, and moreover, if a gap occurs at
some g =8 or 14 modulo 18, then the prime-power factorization
of g — 1 includes some factor p* =5 mod 6. In fact, evidence
suggests that this spectrum has no gaps at all.
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Spekter simetri¢nega rodu kon¢nih grup
Povzetek

Simetri¢ni rod kon¢ne grupe G, ki ga oznac¢imo z o(G), je
najmanjsSe takSno nenegativno celo Stevilo g, da grupa G deluje
zvesto na neki zaprti orientabilni ploskvi roda g (ni nujno, da
ohranja orientacijo). Ta c¢lanek poskusa odgovoriti na
vprasanje, ali za vsako nenegativno celo Stevilo g obstaja
kakSna grupa G s simetri¢nim rodom ¢. PokaZzemo, da spekter
(t). razpon moznih vrednosti) za o vkljuCuje vsako nenegativno
celo Stevilo g = 8 oziroma 14 mod 18, pa tudi, da Ce se pri
nekem g = 8 ali 14 mod 18 pojavi vrzel, potem faktorizacija
Stevila g — 1 na potence prastevil vsebuje kak faktor p® =5 mod
6. Pravzaprav vse kaze na to, da v tem spektru sploh ni vrzeli.



